Abstract of paper [1].

We give a new estimate for the integral moments of primes in short intervals
of the type (p,p+ h], and prove that for every A > 1/2 there exists a positive
proportion of primes p < X such that the interval (p, p + Alog X] contains at least
a prime number. We improve Cheer and Goldston’s result (1987) on the size of
real numbers A > 1 with the property that there is a positive proportion of integers
m < X such that the interval (m,m+ AlogX| contains no primes.
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